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jpuk dh fof/

1. IykbZoqM dk ,d VqdM+k yhft,A vkSj ml ij ,d lI+ksQn dkxT+k fpidkb,A

2. mi;qDr yackb± osQ nks rkj yhft, vkSj mudks IykbZ&oqM ij fpidk, x, lI+ksQn dkxT+k ij
fLFkj dhft, ftlls os x-v{k vkSj y-v{k dks fu#fir djsa (nsf[k, vko`Qfr 11)A

3. 15 cm yackb± dk ,d rkj yhft, mldks ,d oØ osQ :i esa eksM+ dj IykbZoqM ij fLFkj
dhft, tSlk vko`Qfr esa fn[kk;k x;k gSA

mís'; vko';d lkexzh
jksyh izes; dk lR;kiuA IykbZoqM dk ,d VqdM+k] fofHkUu yackb;ksa

osQ rkj] lI+ksQn dkx”k] LosQp isuA

fØ;kdyki 11

4. ,d gh yackbZ osQ nks lh/s rkj yhft, vkSj mudks bl izdkj fLFkj dhft, fd os fcanqvksa
A vkSj B ij x-v{k osQ yacor~ gkas vkSj oØ dks fcanqvks C vkSj D ij dkVsaA (nsf[k,
vko`Qfr 11)A
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128 iz;ksx'kkyk iqfLrdk

izn'kZu

1. ekuk fd vko`Qfr esa ekuk iQyu y = f (x) oØ dks fu#fir djrk gSA ekuk OA = a bdkbZ
vkSj OB = b bdkbZ gSA

2. fcanqvksa A vkSj B osQ funsZ'kkad Øe'k% (a, 0) vkSj (b, 0), gSaA

3. varjky [a, b] esa oØ dgha Hkh foPNsfnr ugha gSA blfy, iQyu f varjky [a, b] esa larr gSA

4. oØ x = a vkSj x = b osQ chp fu"dks.k oØ gS ftldk rkRi;Z gS fd blosQ izR;sd fcanq
ij Li'kZ js[kk [khaph tk ldrh gS tks ;g funsZf'kZr djrh gS fd iQyu varjky (a, b) esa
vodyuh; gSA

5. D;ksafd A vkSj B ij osQ rkj leku yackb± osQ gS vFkkZr~ AC = BD gS] blfy,
f (a) = f (b) gSA

6. pj.kksa (3), (4) vkSj (5)  ls jksyh izes; osQ izfrca/ ('krsZ) iwjs gksrs gSaA vko`Qfr 11 ls ge
voyksdu djrs gSa fd P rFkk Q ij Li'kZ js[kk,¡ x-v{k osQ lekarj gaSA blfy, P rFkk Q

ij ( )f x′ 'kwU; osQ cjkcj gSA

bl izdkj] (a, b) esa x osQ de ls de ,d eku c dk vfLrRo bl izdkj gS fd
f ′ (x) = 0 gSA

izs{k.k

vko`Qfr 11 ls

a = ______________, b = _____________

f (a) = ____________,  f (b) = _________. D;k f (a) = f (b) ?  (gk¡@ugha)

P ij Li'kZ js[kk dh izo.krk = __________gSA blfy, P ij f ′ (x) = __________gSA

vuqiz;ksx

bl izes; dk iz;ksx lehdj.k osQ ewy Kkr djus esa fd;k tk ldrk gSA
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jpuk dh fof/

1. IykbZoqM dk ,d VqdM+k yhft, vkSj ml ij lI+ksQn dkx”k fpidkb,A

2. mi;qDr yackb± osQ nks rkj yhft, vkSj mudks IykbZoqM osQ mQij fpiosQ dkx”k ij bl
izdkj fLFkj dhft, fd os x-v{k vkSj y-v{k fu#fir djsaA (nsf[k, vkÑfr 12)

3. 10 cm yackbZ dk ,d rkj ysdj vkSj bls eksM+ dj ,d oØ osQ vkdkj dk cukb, vkSj
IykbZoqM ij fpiosQ lI+ksQn dkx”k ij fLFkj dhft, tSlk vko`Qfr 12 esa fn[kk;k x;k gSA

mís'; vko';d lkexzh

ySxzakft;u ekè;eku izes; dk lR;kiu
djuk

IykbZoqM dk ,d VqdM+k] rkj] lI+ksQn dkx”k]
LosQp isu] xksanA

fØ;kdyki 12
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130 iz;ksx'kkyk iqfLrdk

4. 10 cm vkSj 13 cm osQ nks lh/s rkj yhft, vkSj mudks nks vyx&vyx fcanqvksa ij]
y-v{k osQ laekrj bl izdkj fLFkj dhft, fd buosQ ikn x-v{k ij feysa rFkk mu nksuksa
fcanqvksa dks tgk¡ nksuks mQèokZ/j rkj oØ ij feyrs gSa] ,d vU; rkj }kjk tksfM+,A

5. ,d mi;qDr yackb± dk ,d vU; rkj yhft, vkSj bldks ml izdkj fLFkj dhft, fd og
oØ dks Li'kZ djs vkSj oØ osQ nksuksa fcanqvksa dks feykus okys rkj osQ lekarj gks (nsf[k,
vko`Qfr 12)A

izn'kZu

1. ekuk oØ iQyu y = f (x) dks fu#fir djrk gSA vko`Qfr esa ekuk OA = a bdkbZ vkSj
OB = b bdkbZ gSA

2. A vkSj B osQ funsZ'kkad Øe'k% (a, 0) vkSj (b, 0) gSA

3. MN] fcanqvksa M [a, f (a)] vkSj N (b, f (b)) dks feykus okyh thok gSA

4. PQ, varjky (a, b) esa oØ osQ fcanq R ij ,d Li'kZ js[kk dks fu#fir djrh gSA

5. ( )f c′ , x = c ij Li'kZ js[kk PQ dh izo.krk gSA

6.
( ) ( )–

–

f b f a

b a
 , thok MN dh izo.krk gSA

7. MN, PQ osQ laekrj gS] blfy, ( )f c′ = 
( ) ( )–

–

f b f a

b a
 bl izdkj ySxzkft;u ekè;eku

izes; dk lR;kiu fd;k tkrk gSA

izs{k.k

1. a = __________, b = __________,

f (a) = ________, f (b) = ____________,

2. f (a) –  f (b) = ________,

b – a = ________,
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3.
( ) ( )–

–

f b f a

b a
 = ________ = MN dh izo.krk

4. pw¡fd PQ || MN ⇒ PQ dh izo.krk = f ′  (c) =  
( ) ( )f b f a

b a

−

−
.

izs{k.k

ySxzkaft;u ekè;eku izes; dk dyu esa egRoiw.kZ vuqiz;ksx gSA mnkgj.k osQ fy,] bl izes; dk]
oØ dh voryrk dh O;k[;k djus esa] iz;ksx fd;k tkrk gSA
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jpuk dh fof/

1. mi;qDr vkdkj dk ,d IykbZoqM dk VqdM+k yhft, vkSj ml ij lI+ksQn dkx”k fpidkb,A

2. 20 cm (eku yhft,) dh yackb± osQ nks rkjksa dk VqdM+k yhft, vkSj mudks lI+ksQn dkxt
ij x-v{k vkSj y-v{k dks fu#fir djrs gq, fLFkj dhft,A

3. mi;qDr yackbZ osQ nks vkSj rkj yhft, vkSj mudks nks iQyuksa dks fu#fir djus okys oØksa
osQ :i esa eksM+dj fLFkj dhft, tSlk vko`Qfr 13 esa fn[kk;k x;k gSA

mís'; vko';d lkexzh
âkleku vkSj o/Zeku iQyuksa dh ladYiuk dks
le>ukA

fofHkUu yackb;ksa osQ rkj] mi;qDr vkdkj
dk IykboqM dk VqdM+k] lI+ksQn dkx”k]
fpidkus okyk inkFkZ] T;kfefr ckWDl]
f=kdksa.kferh; lkj.khA

fØ;kdyki 13

4. oØksa osQ fofHkUu fcanqvksa ij Li'kZ js[kk fn[kkus osQ fy, mi;qDr yackb;ksa osQ nks vkSj rkj
yhft,A
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izn'kZu

1. ,d lh/k rkj yhft, vkSj bls oØ (ckb± vksj okyh) ij bl izdkj jf[k, fd og oØ
osQ fcanq  P

1
 ij Li'kZ js[kk cuk, vkSj x-v{k dh /ukRed fn'kk ls dks.k α

1
 cuk,A

2. α
1
 ,d vf/d dks.k gS blfy, tanα

1
 ½.kkRed gS vFkkZr~ P

1
 ij Li'kZ js[kk dh izo.krk

(iQyu osQ fcanq P
1
 ij vodyt) ½.kkRed gSA

3. mlh oØ ij nks fcanq P
2
 vkSj P

3
 yhft, vkSj mlh rkj dk iz;ksx djosQ P

2
 vkSj P

3
 ij

x-v{k dh /ukRed fn'kk ls Øe'k% α
2
 vkSj α

3
 dks.k cukrs gq, Li'kZ js[kk cukb,A

4. ;gk¡ iqu% α
2
 vkSj α

3
 vf/d dks.k gSa vkSj blfy, Li'kZ js[kkvksa dh izo.krk tan α

2
 vkSj

tan α
3
 nksuksa gh ½.kkRed gSa vFkkZr~ P

2
 vkSj P

3
 ij iQyu osQ vodyt ½.kkRed gSaA

5. oØ (ckb± vksj okyk) }kjk fn;k x;k iQyu ,d âkleku iQyu gSA

6. oØ (nkb± vksj okyk) ij osQ nkb± vkSj rhu fcanq Q
1
, Q

2
, Q

3
 yhft, vkSj nwljs lh/k rkj

osQ iz;ksx ls izR;sd fcanq ij x-v{k dh /ukRed fn'kk ls Øe'k% dks.k β
1
, β

2
, β

3
 cukrh

gqbZ Li'kZ js[kk cukb,A tSlk fd vko`Qfr esa fn[kk;k x;k gS β
1
, β

2
, β

3
 lHkh U;wu dks.k gSA

blfy,] bu fcanqvksa ij iQyuksa osQ vodyt /ukRed gSaA vRk% bl oØ (nkb± vksj) }kjk
fn;k x;k iQyu ,d o/Zeku iQyu gSA

izs{k.k

ekius ij (fMxzh osQ lfUudV)

1. α
1
 = _______ ,  > 90° α

2
 =  _______ > _______, α

3
 = _______> _______,

tan α
1
 = _______, (½.kkRed) tan α

2
 = _______, ( _______ ), tan α

3
 =

_______, ( _______). bl izdkj] iQyu ,d _______gSA

2. β
1
 = _______< 90°, β

2
 = _______, < _______, β

3
 = _______ , < _______

tan β
1
 = _______ , (/ukRed), tan β

2
 = _______, ( _______ ), tan β

3
 =

_______( _______ ). bl izdkj] iQyu ,d _______iQyu gSA

vuqiz;ksx

;g fØ;kdyki o/Zeku vkSj âkleku iQyuksa dh ladYiuk dh O;k[;k djus esa lgk;d gks
ldrk gSA
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jpuk dh fof/

1. mi;qDr vkdkj dk ,d IykbZoqM dk VqdM+k yhft, vkSj ml ij lI+ksQn dkx”k fpidkb,A

2. 40 cm yackb± osQ nks rkj yhft, vkSj mudks IykboqM ij fpiosQ lI+ksQn dkx”k ij bl
izdkj fLFkj dhft, fd os x-v{k vkSj y-v{k dks fu#fir djsaA

3. mi;qDr yackb± dk ,d vU; rkj yhft, vkSj mldks ,d oØ osQ vkdkj esa eksfM+,A bl
oØkdkj rkj dks IykbZ&oqM ij fpiosQ lI+ksQn dkx”k ij vko`Qfr 14 esa fn[kk, x, vuqlkj
fLFkj dhft,A

mís'; vko';d lkexzh
LFkkuh; mfPp"B fcanq] LFkkuh; fuEu"B fcanq vkSj
ufr ijoRkZu fcanq dh ladYiuk dks le>ukA

mi;qDr vkdkj dk ,d IykbZ oqM dk
VqdM+k] rkj] xksan] lI+ksQn dkxT+kA

fØ;kdyki 14
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4. 2 cm yackb± osQ 5 rkj vkSj yhft, vkSj mudks fcanqvksa A, C, B, P vkSj D ij] vko`Qfr
esa fn[kk, x, Hkk¡fr] fLFkj dhft,A

izn'kZu

1. vko`Qfr esa fcanqvksa A, B, C vkSj D ij fLFkj rkjsa oØ dh Li'kZ js[kkvksa dks fu#fir djrh
gSa vkSj x-v{k osQ lekarj gSaA bu fcanqvksa ij Li'kZ js[kk dh izo.krk 'kwU; gSA vFkkZr] bu
fcanqvksa ij iQyu osQ izFke vodyt 'kwU; gSaA fcanq P ij Li'kZ js[kk oØ dks izfrPNsfnr
djrh gSA

2. fcanqvksa A vkSj B ij ckb± ls nkb± vksj vxzlj gksus ij] izFke vodyt dk fpÉ ½.k ls
/u esa ifjofrZr gksrk gSA blfy, ;s fcanq LFkkuh; fuEuf"B fcanq osQ laxr gSA

3. fcanqvksa C vkSj D ij ckb± ls nkb± vksj vxzlj gksrs gSa] rks izFke vodyt dk fpÉ /u ls
½.k esa ifjofrZr gksrk gSA blfy, ;s LFkkuh; mfPp"B fcanq osQ laxr gSA

4. fcanq P ij izFke vodyt osQ fpÉ esa ifjorZu ugha gksrk gSA blfy, ;g ufr ifjorZu
fcanq gSA

izs{k.k

1. fcanq A osQ ckb± vksj fudVLFk ,d fcanq ij oØ dh Li'kZ js[kk dh izo.krk
(izFke&vodyt)_______gSA

2. fcanq A osQ nkb± vksj fudVLFk ,d fcanq ij oØ dh Li'kZ js[kk dh izo.krk (izFke
vodyt)_______gSA

3. fcanq B osQ ckb± vkSj fudVLFk ,d fcanq ij izFke vodyt _______gSA

4. fcanq B osQ nkb± vksj fudVLFk ,d fcanq ij izFke vodyt _______gSA

5. fcanq C osQ ckb± vksj fudVLFk ,d fcanq ij izFke vodyt _______gSA

6. fcanq C osQ nkb± vksj fudVLFk ,d fcanq ij izFke vodyt _______gSA

7. fcanq D osQ ckb± vksj fudVLFk ,d fcanq ij izFke vodyt _______gSA

8. fcanq D osQ nkb± vksj fudVLFk ,d fcanq ij izFke vodyt _______gSA
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136 iz;ksx'kkyk iqfLrdk

9. fcanq P osQ ckb± vksj fudVLFk ,d fcanq ij izFke vodyt _______ gS vkSj nkb± vksj
fudVLFk ,d fcanq ij _______gSA

10. A vkSj B LFkkuh; _______ gSA

11. C vkSj D LFkkuh; _______ gSA

12. P ,d _______fcanq gSA

vuqiz;ksx

1. ;g fØ;kdyki LFkkuh; mfPp"B] LFkkuh; fuEu"B vkSj LFkkuh; ufr ifjorZu osQ fcanqvksa
dh ladYiuk dks le>usa es lgk;d gks ldrk gSA

2. mfPp"B@fuEu"B dh ladYiuk nSfud thou ls lacaf/r leL;kvksa tSls vf/dre {kerk
osQ iSosQV fuEure ykxr ls cukus osQ fy, mi;ksxh gSA
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mís'; vko';d lkexzh
,d fn, x, varjky esa iQyu osQ fujis{k
mPpre eku vkSj fujis{k fuEure eku dh
ladYiuk dks buosQ vkjs[kksa dh lgk;rk ls
le>ukA

Mªkbx&cksMZ] xzkI+kQ isij] xksan] T;kfefr ck¡Dl]
isafly] bjsT+kj] LosQp isu] :yj] oSQyoqQysVjA

fØ;kdyki 15
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jpuk dh fof/

1. mi;qDr vkdkj dk xzkI+kQ isij Mªkabx cksMZ ij fpidkb,A

2. xzkI+kQ isij ij nks ijLij yac js[kk,¡ [khfp, tksa x vkSj y v{kksa dks fu#fir djsaA

3. nksuksa v{kksa dks vko`Qfr 15 esa fn[kk, x, Hkk¡fr va'kkfdr dhft,A

4. eku yhft, fd varjky [–2, 2] esa fn;k x;k iQyu f (x) = (4x2 – 9) (x2 – 1) gSA

5. [–2, 2] esa x osQ fofHkUu eku ysdj f (x) osQ eku Kkr dhft, vkSj Øfer ;qXeksa
(x,

 
 f (x)) dks vkysf[kr dhft,A

6. vko`Qfr esa fn[kk, x, Hkk¡fr vkysf[kr fcanqvksa dks eqDr gLr ls feykdj oØ cukb,A

izn'kZu

1. f (x) dks larq"V djus okys oqQN Øfer ;qXe fuEu gSa

x 0 ± 0.5 ± 1.0 1.25 1.27 ± 1.5 ± 2

f (x) 9 6 0             – 1.55 –1.56 0 21

2. bu fcanqvksa dks xzkI+kQ isij ij vkysf[kr dhft, vkSj mudks eqDr&gLr ls feykdj oØ
izkIr dhft, tSlk vko`Qfr esa fn[kk;k x;k gSA

izs{k.k

1. f (x) dk fujis{k mPpre eku = _________ x = ________  ij gSA

2. f (x) dk fujis{k fuEure eku = ________ x = _________ ij gSA

vuqiz;ksx

;g fØ;kdyki ,d iQyu osQ xzkI+kQ osQ }kjk fujis{k mPpre vkSj fujis{k fuEure ekuksa dks
le>kusa esa mi;ksxh gSA
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fVIi.kh
 f (x) = (4x2 – 9) (x2 – 1)

f ′ (x) = (4x2 – 9) 2x + 8x (x2 – 1) = 16x3 – 26x = 2x (8x2 – 13)

f ′ (x) = 0 ls 13
0, 1.27

8
x x= =± =±  izkIr gksrk gSA

f  (0) = 9, f 
13

8

 
  
 

= 
25

16

−
, f 

13 25
–

8 16

  −
=  

 
, f (–2) = 21, f(2) = 21

vr% f  dk mPpre fujis{k eku (21) x = ± 2 ij gS rFkk fuEure fujis{k eku

25 13

15 8
x

− 
=± 

 
 ij gSA
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jpuk dh fof/

1. 20 cm × 10 cm dk ,d vk;rkdkj pkVZ isij yhft, vkSj bldks ABCD ls ukekafdr
dhft,A

2. izR;sd dksus A, B, C vkSj D ls x cm Hkqtk okys pkj oxZ dkfV,A

3. blh vkdkj osQ vU; pkVZ isij ysdj x osQ fofHkUu ekuksa osQ fy, bl izfØ;k dks nksgjkb,A

4. lsyks Vsi dh lgk;rk ls iQydksa dks eksM+ dj <Ddu jfgr lanwd cukb,A

mís'; vko';d lkexzh
,d vk;rkdkj 'khV osQ izR;sd dksus ls
leku vkdkj osQ oxZ dkVdj vf/dre
vk;ru dk <Ddu jfgr lanwd cukukA

pkVZ isij] oSQaph] lsyks&Vsi] oSQyoqQysVj

fØ;kdyki 16

izn'kZu

1.  tc  x = 1, lanwd dk vk;ru = 144 cm3

2. tc x = 1.5, lanwd dk vk;ru = 178.5 cm3
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3. tc x = 1.8, lanwd dk vk;ru = 188.9 cm3

4. tc x = 2, lanwd dk vk;ru = 192 cm3

5. tc x = 2.1, lanwd dk vk;ru = 192.4 cm3

6. tc x = 2.2, lanwd dk vk;ru = 192.2 cm3

7. tc x = 2.5, lanwd dk vk;ru = 187.5 cm3

8. tc x = 3, lanwd dk vk;ru = 168 cm3

Li"Vr% lanwd dk vk;ru vf/dre gS tc x = 2.1cm gSA

izs{k.k

1.  V
1
 = <+Ddu jfgr lanwd dk vk;ru ( tc x = 1.6) = _______

2. V
2
 = <+Ddu jfgr lanwd dk vk;ru ( tc x = 1.9) = _______

3. V = <+Ddu jfgr lanwd dk vk;ru ( tc x = 2.1) = _______

4. V
3
 = <+Ddu jfgr lanwd dk vk;ru ( tc x = 2.2) = _______

5. V
4
 = <+Ddu jfgr lanwd dk vk;ru ( tc x = 2.4) = _______

6. V
5
 = <+Ddu jfgr lanwd dk vk;ru ( tc x = 3.2) = _______

7. vk;ru V
1
 ____________ vk;ru V ls ___________gSA

8. vk;ru V
2
 ____________ vk;ru V ls ___________gSA

9. vk;ru V
3
 ____________ vk;ru V ls ___________gSA

10. vk;ru V
4
 ____________ vk;ru V ls ___________gSA

11. vk;ru V
5
 ____________ vk;ru V ls ___________gSA

blfy, <+Ddu jfgr lanwd dk vk;ru vf/dre gS tc x = ________ gSA
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vuqiz;ksx

;g fØ;kdyki iQyuksa dh mfPp"B@fuEu"B ladYiukvksa dks Li"V djus esa mi;ksxh gSA ;g
U;wure ykxr ls vf/dre vk;ru okys iSosQt rS;kj djus esa Hkh ykHkdkjh gSA

fVIi.kh

eku yhft, lanwd dk vk;ru V gSA

vc V = (20 – 2x) (10 – 2x) x

;k  V = 200x – 60x2 + 4x3

2V
200 –120 12

d
x x

dx
= +

mfPp"B rFkk fufEu"B osQ fy,

V
0

d

dx
= , vFkkZr~ 3x2 – 30x + 50 = 0

blls izkIr gksrk gSµ

30 900 – 600
7.9  2.1

6
x

±
= = vFkok

x = 7.9 dks NksM+ nhft,A (D;ksa)

2

2

V
–120 24

d
x

dx
= +

tc]  x = 2.1, 

2

2

Vd

dx
½.kkRed gSA

vr% x = 2.1 ij V dk eku mPpre gksxkA
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jpuk dh fof/

1. 16 cm × 8 cm foekvksa okyk ,d vk;r R
1
 yhft,A

2. eku yhft, fd vk;r dh yackb± 1cm/second dh nj ls ?kV jgh gS vkSj pkSM+kbZ 2cm/

second dh nj ls c<+ jgh gSA

3. vU; vk;r R
2
, R

3
, R

4
, R

5
, R

6
, R

7
, R

8
, R

9
 bR;kfn] ftudh foek,¡ Øe'k% 15 cm × 10

cm, 14 cm × 12 cm, 13 cm × 14 cm, 12 cm × 16 cm, 11 cm × 18 cm, 10 cm

× 20 cm, 9 cm × 22 cm, 8 cm × 24 cm gksa] cukb,A (nsf[k, vko`Qfr 17)

mís'; vko';d lkexzh
og le; Kkr djuk tc ,d nh xbZ foekvksa
okys vk;r dk {ks=kiQy vf/dre gksxk ;fn
mldh yackb± ,d nh xbZ nj ls ?kV jgh gks
vkSj pkSM+kbZ nh xbZ nj ls c<+ jgh gksA

pkVZ isij] isij dVj] LosQy (ekiuh)
isafly] jcj (Eraser) dkMZcksMZ

fØ;kdyki 17
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4. bu lHkh vk;rksa dks dkMZ cksMZ esa fpidkb,A

izn'kZu

1. yackb± 1cm/sec dh nj ls ?kV jgh gS vkSj pkSM+kbZ 2cm/sec dh nj ls c<+ jgh gSA

2. (i) fn, x, vk;r R
1 
dk {ks=kiQy = 16 × 8 = 128 cm2

(ii) vk;r R
2
 dk {ks=kiQy = 15 × 10 cm2 = 150 cm2 (1 lsdaM osQ var esa)

(iii) R
3
 dk {ks=kiQy = 168 cm2 (2 lsdaM osQ var esa)

(iv) R
4
 dk {ks=kiQy = 182 cm2 (3 lsdaM osQ var esa)

(v) R
5
 dk {ks=kiQy = 192 cm2 (4 lsdaM osQ var esa)

(vi) R
6
 dk {ks=kiQy = 198 cm2 (5 lsdaM osQ var esa)

(vii) R
7
 dk {ks=kiQy = 200 cm2 (6 lsdaM osQ var esa)

(viii) R
8
 dk {ks=kiQy = 198 cm2 (7 lsdaM osQ var esa) vkSj blh izdkj vkxs Hkh

vr% vk;r dk {ks=kiQy 6 lsdaM osQ var esa) vf/dre gksxkA

izs{k.k

1. vk;r R
2
 dk {ks=kiQy (1 lsdaM osQ var esa) = __________

2. vk;r R
4
 dk {ks=kiQy (3 lsdaM osQ var esa) = __________

3. vk;r R
6
 dk {ks=kiQy (5 lsdaM osQ var esa) = __________

4. vk;r R
7
 dk {ks=kiQy (6 lsdaM osQ var esa) = __________

5. vk;r R
8
 dk {ks=kiQy (7 lsdaM osQ var esa) = __________

6. vk;r R
9
 dk {ks=kiQy (8 lsdaM osQ var esa) = __________

7. vk;r dk vf/dre {ks=kiQy ( ... ..... lsdaM osQ var esa) = _______gSA
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8. vk;r dk {ks=kiQy _________ lsdaM osQ var ij vf/dre gSA

9. vk;r dk vf/dre {ks=kiQy _________ gSA

vuqiz;ksx

bl fØ;kdyki dk mi;ksx ,d iQyu esa ifjorZu dh nj vkSj b"Vrehdj.k (optimisation)

dh ladYiukvksa dks le>us esa fd;k tk ldrk gSA

eku yhft, fd vk;r dh yackbZ vkSj pkSM+kbZ Øe'k% a vkSj b gSaA

t  lsdaM ckn vk;r dh yackb± = a – t.

t  lsdaM ckn vk;r dh pkSM+kbZ = b + 2t.

vk;r dk {ks=kiQy (t lsdaM ckn) =  A (t) = (a – t) (b + 2t) = ab – bt + 2at – 2t2

A′ (t) = – b + 2a – 4t

mfPp"B rFkk fufEu"B osQ fy,  A′ (t) = 0.

( )
2 –

A 0
4

a b
t t=    ′

( )A – 4t =′′

2 –
A – 4

4

a b  
=′′   

  
] tks ½.kkRed gSA

bl izdkj ( )
2 –

A
4

a b
t t =vf/dre g S tc sec. gSA

;gk¡ a = 16 cm, b = 8 cm

vr% 32 – 8 24
6

4 4
t = = =  s

vr% 6 sec osQ var ij {ks=kiQy vf/dre gksxkA

fVIi.kh
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jpuk dh fof/

1. mi;qDr vkdkj dk ,d dkMZ cksMZ yhft, vkSj ml ij lI+ksQn dkx”k fpidkb,A

2. pkVZ isij ij 48 cm ifjeki okys vk;r cukb,A fofHkUu ifjeki okys vk;r uhps fn,
x, gSaµ

mís'; vko';d lkexzh
;g lR;kfir djuk fd leku ifjeki okys
lHkh vk;rksa esa oxZ dk {ks=kiQy vf/dre
gksxkA

pkVZ isij] isij dVj] LosQy] isafly] jcj]
dkMZcksMZ] xksan

fØ;kdyki 18
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R
1
 : 16 cm × 8 cm, R

2
 : 15 cm × 9 cm

R
3
 : 14 cm × 10 cm, R

4
 : 13 cm × 11 cm

R
5
 : 12 cm × 12 cm, R

6
 : 12.5 cm × 11.5 cm

R
7
 : 10.5 cm × 13.5 cm,

3. bu vk;rksa dks dkVdj dkMZ cksMZ ij fpidk, x, lI+ksQn dkxT+k ij fpidkb, [nsf[k,
vko`Qfr 18(i) ls 18(vii) rd]A

4. pj.k 2 dks 48 cm okys ifjeki oqQN vkSj fHkUu foekvksa okys vk;r ysdj nksgjkb,A

5. bu vk;rksa dks ckMZ ij fpidkb,A

izn'kZu

1. vk;r R
1
 dk {ks=kiQy = 16 cm × 8 cm = 128 cm2

vk;r R
2
 dk {ks=kiQy = 15 cm × 9 cm = 135 cm2

vk;r R
3
 dk {ks=kiQy = 140 cm2

vk;r R
4
 dk {ks=kiQy = 143 cm2

vk;r R
5
 dk {ks=kiQy = 144 cm2

vk;r R
6
 dk {ks=kiQy = 143.75 cm2

vk;r R
7
 dk {ks=kiQy = 141.75 cm2

2. izR;sd vk;r dk ifjeki leku gS ijarq muosQ {ks=kiQy fHkUu gSaA vk;r R
5
 dk {ks=kiQy

vf/dre gSA ;g ,d 12 cm dk oxZ gSA bls nh xbZ fVIi.kh esa lS¼kfUrd fooj.k osQ
bLrseky ls lR;kfir fd;k tk ldrk gSA

izs{k.k

1. izR;sd vk;r R
1
, R

2
, R

3
, R

4
, R

5
, R

6
, R

7
 dk ifjeki _________gSA
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2. vk;r R
3
 dk {ks=kiQy vk;r R

5 
osQ {ks=kiQy ls ________  gSA

3. vk;r R
6
 dk {ks=kiQy vk;r R

5 
osQ {ks=kiQy ls ________  gSA

4. vk;r R
5 
dh foek,¡ ______ × ______ gSa vr% ;g ,d ________ gSA

5. leku ifjeki okys LkHkh vk;rksa esa ________ dk {ks=kiQy vf/dre gSA

vuqiz;ksx

;g fØ;kdyki ,d iQyu osQ vf/dre eku dh
ladYiuk dks Li"V djus esa mi;ksxh gSA ;g ifj.kke
vfFkZd iSosQt cukusa esa Hkh mi;ksxh gSA

eku yhft, fd vk;r dh yackb± vkSj pkSM+kbZ (cm esa) x vkSj y gSA

vk;r dk ifjeki P = 48 cm

blfy, 2 (x + y) = 48

;k 24 or 24 –x y y x+ = =

eku yhft, fd vk;r dk {ks=kiQy A (x) gS] rc

A (x) = xy

= x (24–x)

= 24x – x2

blfy, A′ (x) = 24 – 2x

   A′ (x) = 0 ⇒ 24 – 2x = 0 ⇒ x = 12

   A′′  (x) =  – 2

   A′′ (12) = – 2, tks ½.kkRed gSA

blfy,] {ks=kiQy vf/dre gS tc x = 12 gSA

   y = x = 24 – 12 = 12

blfy,  x = y = 12

vr% lHkh vk;rksa esa ls oxZ dk {ks=kiQy vf/dre gksrk gSA

fVIi.kh
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mís'; vko';d lkexzh
fuf'pr lekdyu 2

(1 )
b

a
x− dx osQ eku dk

;ksx iQy dh lhek osQ :i esa ifjdyu djuk vkSj
bldks okLrfod lekdyu }kjk lR;kfir djukA

dkMZcksMZ] lI+ksQn dkx”k] LosQy] iSafly] xzkI+kQ
isij

fØ;kdyki 19

jpuk dh fof/

1. mi;qDr vkdkj dk ,d dkMZ cksMZ yhft, vkSj ml ij lI+ksQn dkx”k fpidkb,A

2. funsZ'kakd v{kksa XOX′ vkSj YOY′ fu#fir djus okyh nks ijLij yac js[kk,¡ [khafp,A

3. osaQnz O rFkk f=kT;k 1 bdkbZ (10 cm) okys o`Ùk dk ,d prqFkk±'k [khafp, tSlk vkÑfr 19
esa fn[kk;k x;k gSA

izFke prqFkkZa'k esa oØ] iQyu 2
1 x−  dk varjky [0, 1] esa xzkI+kQ fu#fir djrk gSA
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izn'kZu

1. eku yhft, fd ge ewy fcanq dks P
0
 ls vkSj tgk¡ oØ  x-v{k vkSj y-v{k dks dkVrk gS]

mu fcanqvksa dks Øe'k% P
10

 vkSj Q
0
 ls fufnZ"V djrs gSaA

2. P
0
P

10
 dks 10 cjkcj Hkkxksa esa ck¡fV, vkSj foHkDr fcanqvksa dks P

1
, P

2
, P

3
, ..., P

9
 ls fufnZ"V

dhft,A

3. izR;sd fcanq P
i
 , i = 1, 2, ..., 9 ls x-v{k ij yac [khfp, tks oØ dks Øe'k% fcanqvksa Q

1
,

Q
2
, Q

3
 ,..., Q

9
 ij feyrs gaS P

0
Q

0
, P

1
 Q

1
, ..., P

9
Q

9
 dh yackb;kas dks ekfi, vkSj mudks

y
0
, y

1
 , ..., y

9
 ukeakfdr dhft,A izR;sd Hkkx P

0
P

1
, P

1
P

2
, ..., dh yackb± 0.1 bdkbZ gS

4. y
0
 = P

0
Q

0
 = 1 bdkbZ

y
1
 = P

1
Q

1
 = 0.99 bdkbZ

y
2
 = P

2
Q

2
 = 0.97 bdkbZ

y
3
 = P

3
Q

3
 = 0.95 bdkbZ

y
4
 = P

4
Q

4
 = 0.92 bdkbZ

y
5
 = P

5
Q

5
 = 0.87 bdkbZ

y
6
 = P

6
Q

6
 = 0.8 bdkbZ

y
7
 = P

7
Q

7
 = 0.71 bdkbZ

y
8
 = P

8
Q

8
 = 0.6 bdkbZ

y
9
 = P

9
Q

9
 = 0.43 bdkbZ

y
10

 = P
10

Q
10

 = 0 cgqr NksVk yxHkx 0 gSA

5. o`Ùk osQ prqFkkZa'k dk {ks=kiQy (oØ vkSj nksuksa v{kksa ls f?kjs gq, Hkkx dk {ks=kiQy)
= lHkh leyacksa osQ {ks=kiQy dk ;ksx
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( ) ( ) ( ) ( )1 0.99 + 0.99+0.97  + 0.97 + 0.95 0.95 0.92
1

0.1 (0.92 0.87) +(0.87+0.8) + (0.8 + 0.71) + (0.71+0.6)
2

+ (0.6 + 0.43) + (0.43)

 + + +
 

= × + + 
 
 

 oxZ bdkbZ

= 0.1 [0.5+0.99+0.97+0.95+0.92+0.87+0.80+0.71+0.60+0.43] oxZ bdkbZ

= 0.1 × 7.74 oxZ bdkbZ  (yxHkx )= 0.774 oxZ bdkbZ (yxHkx)

6. fuf'pr lekdyu = 
1 2

0
1 – x dx

1
2

1

0

1– 1 1 3.14
sin  0.785

2 2 2 2 4

x x
x

−
  π

= + = × = = 
  

oxZ bdkbZ oxZ bdkbZ oxZ bdkbZ oxZ bdkbZ

bl izdkj prqFkk±'k dk {ks=kiQy] ,d ;ksxiQy dh lhek osQ :i esa yxHkx ogh gS tks okLrfod
lekdyu ls izkIr gqvkA

izs{k.k

1. izFke prqFkk±'k esa o`Ùk osQ pki dks fu#fir djus okyk iQyu y = ______gSA

2. bdkbZ f=kT;k osQ o`Ùk osQ prqFkk±'k dk {ks=kiQy = 

1
2

0

1– x dx = _______ oxZ bdkbZA

3. prqFkkZa'k dk ;ksxiQy dh lhek osQ :i esa {ks=kiQy = _______ oxZ bdkbZ

4. nksuksa gh {ks=kiQy yxHkx _________gSaA

vuqiz;ksx

bl izdkj osQ fØ;kdyki dk mi;ksx oØksa }kjk f?kjs
{ks=kiQy dh ladYiuk dk izn'kZu djus osQ fy,
fd;k tk ldrk gSA

fVIi.kh

blh fØ;kdyki dk o`Ùk x2 + y2 = 9

dk xzkI+kQ [khap dj izn'kZu dhft,
vkSj x  = 1 vkSj  x = 2 osQ eè; dk
{ks=kiQy Kkr dhft,A
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jpuk dh fof/

1. dkMZcksMZ ij lI+ksQn dkx”k fLFkj dhft,A

2. ,d js[kk [kaM OA (= 6 cm, eku yhft,) [khafp,A eku yhft, fd ;g c


 dks fu#fir
djrk gSA

3. ,d nwljk js[kk [kaM OB (= 4 cm, eku yhft,) [khfp, tks OA ls ,d dks.k (60° )

cuk,A ekuk OB a=
 

mís'; vko';d lkexzh

T;kferh; :i ls ;g lR;kfir djuk fd

( )c a b c a c b× + = × + ×
      

T;kferh; ckDl] dkMZ&cksMZ] lI+ksQn dkxT+k]
dVj] LosQp isu lsyksVsi

fØ;kdyki 20
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4. OA


ls dks.k (eku yhft, 30°) cukrs gq, BC (= 3 cm, eku yhft,) [khafp,A eku

yhft, fd BC b=
 

5. yac BM, CL vkSj BN [khafp,A

6. lekarj prqHkq±t OAPC, OAQB vkSj BQPC dks iwjk dhft,A (nsf[k, vko`Qfr 20)A

izn'kZu

1. OC OB +BC ,a b= = +
    

vkSj eku yhft, fd COA∠ = α .

2. ( )c a b c a b× + = +
     

 sin α = lekarj prqHkq±t OAPC dk {ks=kiQy

3. c a×
 

= lekarj prqHkq±t OAQB dk {ks=kiQy

4. c b×
 

= lekarj prqHkq±t BQPC dk {ks=kiQy

5. lekarj prqHkq±t OAPC dk {ks=kiQy = (OA) (CL)

= (OA) (LN + NC) = (OA) (BM + NC)

= (OA) (BM) + (OA) (NC)

= lekarj prqHkq±t OAQB dk {ks=kiQy + lekarj prqHkq±t BQPC dk

{ks=kiQy

= c a c b× + ×
   

blh izdkj ( )c a b c a c b× + = × + ×
     

lfn'kksa ( ),c a b c a c b× + × ×
     

vkjS esa ls izR;sd dh fn'kk ,d gh ry osQ yacor~ gSA

26/04/18



154 iz;ksx'kkyk iqfLrdk

blfy,] ( )c a b c a c b× + = × + ×
     

izs{k.k

OAc =
 

= OA = _______

OC OC= ______a b+ = =
 

CL = ______

( )c a b× +
 



= lekarj prqHkqZt OAPC dk {ks=kiQy

 = (OA) (CL) = _____________ oxZ bdkbZ (i)

c a×




= lekarj prqHkqZt OAQB dk {ks=kiQy

    = (OA) (BM) = _____ ×  _____ = ______ (ii)

c b×
 

= lekarj prqHkqZt BQPC dk {ks=kiQy

    = (OA) (CN) = _____ ×  _____ = ______ (iii)

(i), (ii) vkSj (iii) ls

lekarj prqHkqZt  OAPC dk {ks=kiQy = lekarj prqHkqZt  OAQB dk {ks=kiQy + lekarj
prqHkqZt ________dk {ks=kiQy

bl izdkj ( |c a b c a c b× + = × + ×
   

lHkh] ( ),c a c b c a b× × × +
      

vkSj , isij osQ ry dh fn'kk osQ _______ gSaA
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blfy,] ( )c a b c a× + = × +
    

________

vuqiz;ksx

bl fØ;kdyki osQ }kjk] lfn'kksa osQ ;ksx ij xq.ku osQ forj.kkRed xq.k dks Li"V fd;k tk
ldrk gSA

fVIi.kh

bl fØ;kdyki dks lekarj prqHkqZt
osQ LFkku ij vk;r ysdj Hkh fd;k
tk ldrk gSA
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